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Foreword

ISO (the International Organization for Standardization) is a worldwide federation of national standards
bodies (ISO member bodies). The work of preparing International Standards is normally carried out through
ISO technical committees. Each member body interested in a subject for which a technical committee
has been established has the right to be represented on that committee. International organizations,
governmental and non-governmental, in liaison with ISO, also take part in the work. ISO collaborates closely
with the International Electrotechnical Commission (IEC) on all matters of electrotechnical standardization.

The procedures used to develop this document and those intended for its further maintenance are described
in the ISO/IEC Directives, Part 1. In particular, the different approval criteria needed for the different types
of ISO document should be noted. This document was drafted in accordance with the editorial rules of the
ISO/IEC Directives, Part 2 (see www.iso.org/directives).

[SO draws attention to the possibility that the implementation of this document may involve the use of (a)
patent(s). ISO takes no position concerning the evidence, validity or applicability of any claimed patent
rights in respect thereof. As of the date of publication of this document, ISO had not received notice of (a)
patent(s) which may be required to implement this document. However, implementers are cautioned that
this may not represent the latest information, which may be obtained from the patent database available at
www.iso.org/patents. ISO shall not be held responsible for identifying any or all such patent rights.

Any trade name used in this document is information given for the convenience of users and does not
constitute an endorsement.

For an explanation of the voluntary nature of standards, the meaning of ISO specific terms and expressions
related to conformity assessment, as well as information about ISO's adherence to the World Trade
Organization (WTO) principlesin the Technical Barriers to Trade (TBT), see www.iso.org/iso/foreword.html.

This document was prepared by Technical Committee ISO/TC 60, Gears, Subcommittee SC 1, Nomenclature
and wormgearing.

This first edition of [SO 21771-1 cancels and replaces ISO 21771:2007, which has been technically revised.
The main changes are as follows:

— the sign convention for internal gears used in the 1SO 6336 seriesl8] has been adopted. The negative
value for the number of teeth of an internal gear is applied to the diameters and centre distance, so these
dimensions of internal gears have negative values;

— flank direction has been renamed as hand of helix and sign (+/-) of helix angle is used;
— adefinition of normal surface has been added and this is used rather than normal plane;
— the annex on tooth thickness was removed because it is now addressed in [SO 21771-2.
Additional material has been added to cover:

— calculation of form diameters for tooth tip corner radius and tooth root fillet radius in the transverse
plane for an involute cylindrical gear (Clauses 10, 11 and Annex B);

— calculation of the tooth tip corner radius for a specified form diameter and tip diameter of an involute
cylindrical gear;

— calculation of a radius tangent to the involutes of adjacent teeth at root or tip diameter (Annex A);
— generated tooth root fillet shape for individual involute cylindrical gears (Annex B);

— concepts and parameters for involute cylindrical gear pairs with crossed axes (Clause 6 and Annex C);

— geometry of surfaces in contact (Annex D);
— projection of a transverse plane profile of a tooth onto another plane (Annex E);
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— interface to ISO 10828 for involute worm gear geometry (Annex F).
Alist of all parts in the ISO 21771 series can be found on the ISO website.

Any feedback or questions on this document should be directed to the user’s national standards body. A
complete listing of these bodies can be found at www.iso.org/members.html.
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Cylindrical involute gears and gear pairs —

Part 1:
Concepts and geometry

1 Scope

This document specifies the geometric concepts and parameters for cylindrical gears with involute helicoid
tooth flanks. Flank modifications are included. The formulae in this document apply to all pressure angles.

It also covers the concepts and parameters for involute cylindrical gear pairs with parallel or crossed axes,
and a constant gear ratio. Gear and mating gear in these gear pairs have the same basic rack tooth profile.
2 Normative references

There are no normative references in this document.

3 Terms, definitions, symbols, subscripts and units

3.1 Terms and definitions
For the purposes of this document, the following terms and definitions apply.
[SO and IEC maintain terminology databases for use in standardization at the following addresses:

— ISO Online browsing platform: available at https://www.iso.org/obp

— IEC Electropedia: available at https://www.electropedia.org/

311

basic rack tooth profile for involute gear teeth

tooth profile of a normal section through the teeth of a basic rack which corresponds to an external spur
gear with number of teeth z = co and diameter d =

Note 1 to entry: The tooth of the basic rack tooth profile is bounded by the tip line at the top and by the parallel root
line at the bottom. The fillet between the straight part of the profile and the root line is a circular arc with a radius
equal to pgp.

3.1.2

counterpart rack tooth profile

rack tooth profile symmetrical to the basic rack tooth profile about the datum line P-P and displaced by half
a pitch relative to it

3.1.3
nominal involute flank
pure involute flank prior to any modifications

Note 1 to entry: See 4.4 for more information on a gear tooth involute flank.
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3.14

tip alteration coefficient

k

change to the addendum relating to the standard addendum of one normal module, it is made non-
dimensional by dividing by the normal module

Note 1 to entry: Tip alteration is also known as addendum modification, tip shortening or truncation.

3.1.5

generating gear pair

generating tool (rack, hob, pinion-type cutter, or grinding wheel) and the gear being machined during gear
tooth machining process

3.2 Symbols

Table 1 provides all the symbols used in this document.

Table 1 — Symbols

Symbol Description Subclause
A pinion lower end point of meshing (near pinion root) 5.5.6.1
ay working centre distance of a cylindrical gear pair 5.3.3,5.3.5,
6.3.12
aywo centre distance in the generating process with pinion-type cutter 11.2
B pinion lower point of single tooth contact (LPSTC) 5.5.6.1
b facewidth 4.39
bg, length of relief near tip 8.5.2
bg¢ length of relief near root 8.5.2
by usable facewidth 4.39
b, active facewidth (the facewidth used) 5.5.9.2
C working pitch point 5.3.5
with subscript: amount of relief for modifications 8
Coy modification of the profile by function 8.6
Cg, amount of triangular end relief modification at tip 8.5.2
Ci¢ amount of triangular end relief modification at root 8.5.2
Cha amount of transverse profile slope modification 8.3.3
CHS amount of flank line slope modification 8.4.2
Cij amount of modification at point (i,j) 8.5.1
C, amount of profile crowning (barrelling) 8.3.4
Coa amount of tip relief 8.3.2
Cys amount of root relief 8.3.2
CB amount of flank line crowning 8.4.3
Cpp Cgi  |amount of end relief 8.4.1
Cpy modification of the flank line by function 8.6
Csy modification of the flank surface by function 8.6
c tip clearance 5.3.8,6.3.15
Cp form over dimension 5.5.5
D pinion highest point of single tooth contact (HPSTC) 5.5.6.1
d reference diameter 4.3.4
d, tip diameter 4.6.5
d, tip diameter of pinion-type cutter 11.1
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Table 1 (continued)
Symbol Description Subclause
dy, base diameter 4.4.2
dyo base diameter of the pinion-type cutter 11.1
dpx chamfering base diameter 8.2.2
dcaa tip relief start diameter 8.3.2
dear root relief start diameter 8.3.2
des Profile control diameter 8.3.2
di, diameter for start of triangular end relief at tooth tip 8.5.2
dgs diameter for start of triangular end relief at tooth root 8.5.2
dg, tip form diameter 9.7

dgs root form diameter 5.5.2,9.7

d; root diameter (nominal dimension) 4.6.7
deg root diameter produced 9.6

dya active tip diameter 5.5.2,6.4.3
dns start of active profile diameter (SAP diameter, active root diameter) 5.5.2,6.4.3
d, V-circle diameter 4.6.2
d, working pitch diameter 5.3.5

dy Y-circle diameter 4.6.3

d, reference diameter of pinion-type cutter 1111

E pinion upper end point of meshing (near pinion tip) 5.5.6.1
En lower tooth thickness limit deviation for normal tooth thickness at reference cylinder 9.4
Eq s upper tooth thickness limit deviation for normal tooth thickness at reference cylinder 9.4

e, normal space width on the reference cylinder 4.8.7

ep space width of the basic rack tooth profile 4.3.3

e, transverse space width on the reference cylinder 4.8.4
€yn normal space width on the y-cylinder 4.8.7
eyt transverse space width on the y-cylinder 4.8.4

F force D.3

9 length of addendum path of contact 5.6.2,6.4.5.2
Jor length of dedendum path of contact 5.6.2,6.4.5.2

9yre(6)  |angle from line of centres to point on the gear fillet generated with pinion-type cutter B.4.2
Iu length of path of contact 5.5.6.2
Yay distance of a point Y from working pitch point C 5.7.5
9p overlap roll length (arc of contact) 5.5.9.4

h tooth depth (between tip line and root line) 4.7.1
h, addendum from reference pitch circle 4.7.2
h,p addendum of the basic rack tooth profile 4.3.2
h,po addendum of the counterpart of the basic rack tooth profile 9.2.2
h addendum from working pitch circle 4.7.2
h, addendum of pinion-type cutter 11.1.1
hgapo straight part of tip flank of tool-generating profile 9.2.2
hgep portion of the dedendum to root form line, of the basic rack tooth profile 4.3.2
hgepo portion of the dedendum to root form line of the counterpart rack tooth profile 9.2.1
hepo dedendum of the counterpart rack tooth profile and rack tool 9.2.2
h¢ dedendum from reference circle 4.7.2
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Table 1 (continued)

Symbol Description Subclause
hep dedendum of the basic rack tooth profile 4.3.3
hey dedendum from working pitch circle 4.7.2
hg height of the tip corner chamfering or tip corner rounding 8.2.2
hp tooth depth of basic rack tooth profile 4.3.2
h,, working depth of teeth in a gear pair 5.3.7,6.3.14

i transmission ratio of a gear pair 5.3.2
inv involute function (not a variable) 4.4.5
Jon normal base backlash 5.6.4,6.5.2
Jbt transverse backlash 5.6.2
Jr radial backlash 5.6.5

Ji circumferential backlash at the reference circle 5.6.3,6.5.3
Jwn working normal backlash 6.5.2
Jwt circumferential backlash at the working pitch circle 5.6.3,6.5.3
Kg sliding factor 5.7.6
K, sliding factor at tooth tip 5.7.6
Kgf sliding factor at tooth root 5.7.6

k tip alteration coefficient 3.1.3,4.6.4,
Leca tip relief roll length 8.3.2
Les root relief roll length 8.3.2

Lep Loy |length of end relief 8.4.1
Lg, tip roll length of triangular end relief modification 8.5.2
Lg¢ root roll length of triangular end relief modification 8.5.2
Ly length of roll to y-cylinder 4.4.10
Ly length of involute profile to y-cylinder 4.4.11
L ax maximum length of a contact line 5.5.10
M, a point on a tooth flank where radius of curvature is calculated 71

m module 4.3.7
my, normal module 4.3.7
m, transverse module 4.3.7
my axial module 4.3.7

N number of tooth or pitch 4.2.6

n, rotational speed of driving gear (rpm) 5.3.2
n, rotational speed of driven gear (rpm) 5.3.2

0 centre of a circle 6.3.4
Py diametral pitch 4.3.8
P4 normal diametral pitch 4.3.8
Pbn normal base pitch 4.5.5.1
Pht transverse base pitch 4.5.5.1
Pen normal base pitch on the path of contact 4.5.5.3
Pet transverse base pitch on the path of contact 4.5.5.2
Pn normal pitch on the reference cylinder 4.5.2.2

Pt transverse pitch on the reference cylinder 4.5.2.1
Pwn normal pitch at the working diameter 6.3.6,6.5.2
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Table 1 (continued)
Symbol Description Subclause

Py axial pitch 4.5.4
Pyn normal pitch on the y-cylinder 4.5.3
Pyt transverse pitch on the y-cylinder 4.5.3

Py lead 4.4.6
pr protuberance of the tool (as seen in [SO 6336-3) 9.2.1

q machining allowance on tooth flank 9.3

Qrs magnitude (amount) of undercut in transverse plane 8.2.1

R’ first principal radius of curvature of surface 74

R” second principal radius of curvature of surface 7.4

R. radius of curvature of trochoid at point M 10.4
Ry, radius of curvature of the basic rack profile at point Q 10.4

Riro.,  |radius of the fillet at point Q 10.4
0 tip radius of the pinion-type cutter 11.1.1
T'bo base radius of the pinion-type cutter 11.2
Tea x axis of ellipse 10.4
Teb y axis of ellipse 10.4
T'Fa0 tip form radius of the pinion-type cutter 1114
Igs root form radius 10.3
Tiny radius to point on involute 10.1,11.4.4.1
'Mo radius for the centre of the tool tooth tip rounding of the pinion-type cutter 11.1.1
iro radius to point on trochoid 101
T manufacturing pitch circle radius of the gear 11.4.3
I'wo manufacturing pitch circle radius of the pinion-type cutter 11.4.3
ryao(@) |radial polar coordinate of a point on tip radius of pinion-type cutter Figure B.1
rye(0) |radial polar coordinate of a point on the gear fillet generated with pinion-type cutter B.4.2

Sa twist of the transverse profile 8.5.3

S twist of the flank line 8.5.3
Sak tip transverse tooth thickness when tip chamfering or tip rounding 8.2.2

Sy normal tooth thickness at the reference diameter 4.8.6
Shi minimum normal tooth thickness at the reference diameter 9.4

Sns maximum normal tooth thickness at the reference diameter 9.4

Sp tooth thickness of the basic rack tooth profile 4.3.3
Spr residual fillet undercut (on normal surface) 10.1
Sprt residual fillet undercut (transverse plane) 1141

St transverse tooth thickness at the reference diameter 4.8.2
Swn normal tooth thickness at working diameter 6.3.6,6.5.2
Swt transverse tooth thickness at working diameter 6.3.8
Syn normal tooth thickness at the Y circle diameter 4.8.6
Syt transverse tooth thickness at the Y circle diameter 4.8.2

T tangent point on base circle of line normal to involute 449

T, point of contact between the line of action and the base circle of pinion 5.5.6.1
T, point of contact between the line of action and the base circle of gear wheel 5.5.6.1
T; unit vector of reference helix 4.10

T, unit vector of generator 4.10

Documents
© IS0 2024 - All rights reserved Document Sharing Hub
5

Full document details: ISO 21771-1-2024


http://www.avadocuments.com/doc/iso-21771-1-2024
http://www.avadocuments.com/doc/iso-21771-1-2024

IS0 21771-1:2024(en)

Table 1 (continued)
Symbol Description Subclause
Tumy tangency point between the base cylinder of the pinion and a line normal to a contact 71
line through point M,
Tuma tangency point on the base cylinder of the gear wheel and a line normal to a contact 71
line through point M,
§) involute point of origin 449
u gear ratio 5.3.1
v circumferential velocity at reference diameter 5.7.2
vy, circumferential velocity at base diameter 5.7.2
Vg sliding velocity 5.7.5
Voa sliding velocity at the active addendum 5.7.5
Vs sliding velocity at the active dedendum 5.7.5
VMg sliding velocity at point M 6.6.4
v, normal velocity 5.7.3
Viy rolling velocity at diameter d, 5.7.4
Vi circumferential velocity of the working pitch circles 5.7.2,5.7.6
vy circumferential velocity at diameter d, 5.7.2
X profile shift coefficient 4.3.10
Xg generating profile shift coefficient 9.2.1
Xgj lower limit generating profile shift coefficient 9.5
XEs upper limit generating profile shift coefficient 9.5
Xgoy profile shift coefficient for rough machining, upper limit 9.5
Xgiv profile shift coefficient for rough machining, lower limit 9.5
Xgy generating profile shift coefficient at undercut limit 9.8
X profile shift coefficient of the pinion-type cutter 11.1.1
X1 point on x axis of coordinate system of surface 1 D.1
X, point on x axis of coordinate system of surface 2 D.1
Y any point on a tooth flank or involute 4.4.3
Y, point on y axis of coordinate system of surface 1 D.1
Y, point on y axis of coordinate system of surface 2 D.1
z number of teeth 4.2.5
Z, number of teeth of driving gear 5.3.2
zy number of teeth of driven gear 5.3.2
Z number of teeth of pinion-type cutter 11.1.1
Z4 point on z axis of coordinate system of surface 1 D.1
Z, point on z axis of coordinate system of surface 2 D.1
a, pressure angle at tip circle 5.5.8.3
g, pressure angle at the tip form diameter dg, A21
QApa0 pressure angle on the radius ry,q of pinion-type cutter 11.1.1
Qg pressure angle at root form circle 9.7
Qxpo normal chamfering pressure angle of the counterpart rack tooth profile 8.2.2
agpor  |transverse chamfering pressure angle of the counterpart rack tooth profile 8.2.2
Ao transverse pressure angle for the radius at the point M of the pinion-type cutter 11.1.1
ayp pressure angle at start of active profile 5.5.2.2
a, normal pressure angle 4.4.4
ap pressure angle of the basic rack tooth profile 4.4.4
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Table 1 (continued)

Symbol Description Subclause
Apo pressure angle of the counterpart rack tooth profile 9.2.1
Ay pressure angle of the protuberance section of the counterpart rack tooth profile 9.2.1

a, transverse pressure angle 4.4.3
@y min |Working normal pressure angle at minimum (zero-backlash) centre distance 6.3.12
Ayn working normal pressure angle of gear pair 6.3.13
Ayt working transverse pressure angle of gear pair 5.3.4,6.3.7
Ao working transverse pressure angle in the generating gear pair 11.2
Ay normal pressure angle at the y-cylinder 4.4.4
Ayt transverse pressure angle at the y-cylinder 4.4.3
B helix angle 4.4.7
By base helix angle 4.4.7
Br Helix angle of right flanks 4.4.7
Bmo helix angle on the circle of radius ry, 1111
pL Helix angle of left flanks 4.4.7
B, helix angle at diameter d, 4.39
Bw helix angle at working pitch diameter 5.3.6
By helix angle at y-cylinder 4.4.7
Bo helix angle of pinion-type cutter 11.1.1
y lead angle at reference cylinder 4.4.7
Yy lead angle at y-cylinder 4.4.7
A sum of inverse radius of curvature of surfaces 7.4
6 tilt angle of the contact line at the reference cylinder 4.10
5pro residual fillet undercut angle in transverse plane 1141
Oy angle between the principal direction of curvature and working pitch plane 7.2
S, tilt angle of the contact line at y-cylinder 4.10
&4 transverse contact ratio 5.59.1,6.4.71
Ean contact ratio in the common normal working plane of crossed axis gear pair 6.4.7.2
&g overlap ratio (axial contact ratio) 5.5.9.3
& total contact ratio 5.5.9.5
4 specific sliding 5.7.7
G specific sliding at end points of path of contact 5.7.7
n transverse space width half angle at reference circle 4.8.5
7 base transverse space width half angle 4.8.5,6.3.11
Niny angle between the start of involute profile on base circle and the point ry,, on involute 10.1
um pressure angle at tip form radius minus the angle from tip form radius point to centre 11.1.1
of tip rounding circle on pinion-type cutter.

Nero angle between the start of involute profile on base circle and the point ., on trochoid 101
Nwt transverse space width half angle at working pitch diameter 6.3.8
Ny transverse space width half angle at Y-circle 4.8.5
0,1 polar angle on the pinion tooth flank from pitch point to tip circle 5.5.8.3
0., polar angle on the gear tooth flank from pitch point to tip circle 5.5.8.3
0.1 angle from the pitch point to the intersection of the tip circles on the pinion’ 5.5.8.3
0..0 angle from the pitch point to the intersection of the tip circles of an internal gear 5.5.8.3
Om angle used to define point M on ellipse 11.4.5
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Table 1 (continued)
Symbol Description Subclause
k,(0) |angular polar coordinate of a point on the gear fillet generated with pinion-type cutter B.4.2
A angle between the pitch line of the basic rack and the line joining the common normal 10.1
at the generated point Q crossing the pitch point
Amo polar angle on a pinion-type cutter from centre of tip rounding circle to point where the 11.1.1
tip rounding circle transitions to the involute (at tip form diameter)
&ra0 roll angle at tip form circle of pinion-type cutter 9.7
Ere roll angle at root form circle 9.7
ENa roll angle at active tip circle 5.5.2
Enr roll angle at active root circle 5.5.2
¢y roll angle of the involute at point Y 4.49
Pa radius of curvature in transverse plane at point A, start of engagement 5.5.7
Pa tooth tip corner radius of gear Annex A
Papo tooth tip corner radius of the hob 9.2.2
Paon tooth tip corner radius of pinion-type cutter (on normal surface) 11.1.1
PR radius of curvature in transverse plane atinner point of single pair contact on the pinion 5.5.7,71
Pc radius of curvature in transverse plane at point C, working pitch point 5.5.7,71
Pp radius of curvature in transverse plane at outer point of single pair contact on the pinion 5.5.7,71
PE radius of curvature in transverse plane at end point of engagement 5.5.7,71
Ps tooth root fillet radius of gear Annex A
Pep tooth root fillet radius on the basic rack tooth profile 10.4
Pepo tooth root fillet radius of the counterpart rack tooth profile 8.2.2
Pum radius of curvature in transverse plane at point M 71
Py radius of curvature of the involute at diameter dy 4.4.10
Pyn radius of curvature on normal surface at diameter d, 4.9
Pyt radius of curvature in transverse plane at diameter d, 49
» skew angle of crossed axis gear pair 6.3.5,6.3.12
21 sum of individual lines of contact 5.5.10
YR sum of inverse of main radii of curvature of equivalent ellipsoid 74
yx sum of profile shift coefficients 5.4
Y X sum of profile shift coefficient, non-zero backlash 5.4
T angular pitch 4.5.1
¢yt angle of vector radius OM according Y axis E.1
10) trochoid/tip parameter 10.1
o angle between the principal radii of curvature in a crossed axis gear pair 7.3
®; angular backlash 5.6.6
Py transverse angle of transmission 5.59.1,6.4.71
Pg overlap angle 5.59.3
@y total angle of transmission 5.5.9.5
Xyaot (6) angular polar coordinate of a point on tip radius of the pinion type cutter Figure B.1
Y transverse tooth thickness half angle at reference circle 4.8.3
Py base transverse tooth thickness half angle 4.8.3
Yy transverse tooth thickness half angle at Y-circle 4.8.3
Yot transverse tooth thickness half angle at working pitch diameter 6.3.8
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Table 1 (continued)
Symbol Description Subclause

W angular velocity 5.5.8.3,5.7.1,
6.6.2

w, angular velocity of driving gear 5.3.2

wy angular velocity of driven gear 5.3.2

[on angle between the centre line of gear pair and centre point of tooth tip rounding of 11.4.2

pinion-type cutter

The variables in Table 1 can have an appended subscript 1 to indicate the variable is for a quantity associated
with the pinion or a subscript 2 to indicate the variable is for a quantity associated with the gear wheel.

3.3 Subscripts

Table 2 provides the subscripts used in this document.

Table 2 — Subscripts

Subscript

Description

no subscript designates quantities associated with the reference cylinder

a for quantities associated with the tip of a tooth or for the driving gear
b for quantities associated with the base cylinder or for the driven gear
relating to “generating” (e.g. quantities generated on the cylindrical gear) or to tri-
angular end relief modification
e for quantities associated with the plane of action
F for quantities determining form circles and maximum usable flank area
f for quantities associated with the root
g for “sliding”
i for the lower limit in the case of deviations or an index value
K for quantities resulting from tip corner chamfering
k for a number of teeth, tooth spaces, pitches or spans
L for designating left flanks
1 for “left-hand”
M for designating a measured value
MO relating to centre of tip rounding circle or ellipse on tool tooth tip
m for a mean value
max for a maximum value
min for a minimum value
for active circles
n for quantities in a normal surface
P for quantities of the basic rack tooth profile
PO for quantities of the tool basic rack tooth profile and for counterpart rack tooth profile
R for designating right flanks
r for “right-hand”
S relating to “tooth thickness” or for the upper limit in the case of deviations
t for quantities in a transverse section
Vv for working pitch element, for rough gear cutting
\4 for quantities associated with the V-cylinder
w for measuring base tangent length
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Table 2 (continued)

Subscript Description

w for quantities associated with the working pitch cylinder and working values of a
gear pair

for quantities in an axial section

for values at a pointy (on the y-cylinder)

for quantities associated with cylinder dimensions

for quantities associated with contact

for quantities associated with a tooth trace

for total contact ratio

for “sum”

for quantities associated with the generating tool or the generating gear pair

for quantities associated with the pinion (smaller gear) of a gear pair

for quantities associated with the gear wheel (larger gear) or internal gear

— N |RPOIMIR IR |N|I | X

for locating face

—
—

for the face opposite the locating face

3.4 Units and conventions

3.4.1 Units

The quantities dealt with in this document are to be stated in the following units:

— modules, lengths and linear dimensions in millimetres (mm);

— linear velocities (circumferential, normal, rolling, sliding) in metres per second (m/s);
— angles which are to be used in formulae in radians (rad);

— angles which can be used for entries or to display results in degrees (°);

— angular velocity in radians per second (rad/s).

3.4.2 Conventions

For internal gears, the number of teeth is given a negative value. So, in this document, as in the ISO 6336
series, the centre distance and diameters of internal gears have negative values. The notation |z|, denotes

the absolute value, which is always positive, e.g. |-50| = +50. The expression H is used to extract the sign of
z

the tooth number and is convenient for programming. In particular, it is often used to determine the
appropriate sign for an element of an expression; the resultis 1 for external gears and -1 for internal gears.

In this document, the driving gear is not used to define point A on the path of contact. Instead, point A is
where the line of action intersects the active tip diameter, d,, , of the gear wheel. The last point, E, is where
the line of action intersects the active tip diameter, dy, , of the pinion. See 5.5.6.1.

4 Individual cylindrical gears

4.1 General

In this clause, the geometry of gear teeth is described using a generation process based on zero-backlash
engagement with a basic rack. The relationships are valid for any basic rack, but the standard basic rack
tooth profile (see ISO 53) is used for illustration purposes. The standard basic rack tooth profile of the tooth
system has straight flanks. Its datum line is the straight line on which the nominal dimensions of tooth
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thickness and space width are defined as equal to half the pitch. The standard basic rack tooth profile has
the same pressure angles for the left and right flanks and the dedendum equal to the addendum plus tip
clearance for the mate. All the teeth have the same nominal helix angle. Formulae for calculation of start
of involute diameter are given in Clause 10 for hob and rack type cutters and in Clause 11 for pinion-type
cutters.

Information on projection of the transverse profile of a gear tooth to other planes is given in Annex E.

Information helpful to interface this document to the geometry of worms defined with ISO-10828 is given in
Annex F.

4.2 Concepts for an individual gear

4.2.1 Gear, cylindrical gear, external gear and internal gear

A gear is a rotationally symmetrical object (gear blank) with a tooth system located at the rim. A cylindrical
gear is a gear with a cylindrical reference surface. A distinction is made between external and internal gears
according to the radial arrangement of the teeth in each case. The tips of the teeth point outwards in an
external gear and inwards in an internal gear.

4.2.2 Tooth system, external teeth and internal teeth

The tooth system refers to all the teeth and tooth spaces around the rim of a gear. As in 4.2.1, a distinction is
made between internal and external gear teeth.

4.2.3 Tooth and tooth space

A tooth is a geometrical element on the gear that enables the transmission of force and motion. The form
and dimensions of the teeth and the distance between consecutive teeth are defined by the tooth system
parameters. The tooth space is the gap between two consecutive teeth, it is bounded by the tooth flanks,
fillets, root, and tip cylinder.

4.2.4 Tooth system parameters

The nominal dimensions of involute cylindrical gear teeth are uniquely determined by the diameter of
the reference cylinder, the associated basic rack and its position in relation to the reference cylinder. The
nominal dimensions are defined by the following parameters, which are independent of each other:

— internal or external gear;

— number of teeth, z;

— basic rack tooth profile;

— normal module, m,;

— helix angle, 8, with sign or helix angle along with hand of helix;
— profile shift coefficient, x;

— tip diameter, d, ;

— facewidth, b ;

— root diameter, d;.

4.2.5 Number of teeth and sign of number of teeth

The number of teeth around the rim of the gear is denoted by z.
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The number of teeth, z, of an external cylindrical gear shall be taken as a positive value in the formulae in
this document, while the number of teeth, z, in an internal cylindrical gear is to be taken as a negative value.
In keeping with the ISO 6336 series, for internal gears, in addition to the number of teeth, the diameters and
centre distances are taken as negative values.

NOTE1 The negative sign for number of teeth z corresponds to the idea that in the transition from an external gear
to an internal gear, the gear diameter d and number of teeth z is increased until d=+c0 and z=+00 is reached. In the
course of the transition, d and z change to -co and then assume finite negative values.

With this rule and the definition of the sign of the profile shift coefficient it is possible to use the same formulae
without any change for external and internal gears.

NOTE 2  Forinternal gears, although the diameters used in calculations are negative, on drawings the diameters are
usually shown as positive numbers.

In the case of segments, the number of teeth, z, used in calculations is the number that there would be on the
whole circumference.

4.2.6 Tooth number

When numbering teeth, the designations tooth 1, tooth 2, etc. are to be defined on a transverse surface
(datum face) viewed in an agreed direction so that the teeth are numbered in ascending order (moving in
a clockwise direction). If the letter N is used to denote a reference tooth, the next tooth in the direction
of counting is denoted by N + 1 and the previous tooth going in the opposite direction by N - 1. Tooth z is
followed by tooth 1 in the direction of counting, see Figure 1.

Figure 1 — Numbering of teeth and tooth spaces on datum face

4.2.7 Top land and bottom land

4.2.7.1 Topland

The top land of a tooth is the outermost (innermost in the case of internal gears) periphery of the tooth, it is
concentric to the reference cylinder, see Figure 2.

4.2.7.2 Bottom land

The bottom land is the innermost (outermost in the case of internal gears) periphery of the tooth space, it is
concentric to the reference cylinder, see Figure 2.

4.2.8 Tooth flanks and flank sections

4.2.8.1 Tooth flank

Tooth flanks are those parts of the surface of a tooth that are located between the top land and the bottom
land, see Figure 2.
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4.2.8.2 Right flank and left flank

The right flank (or left flank) is the tooth flank that an observer sees on the right-hand (or left-hand) side
when viewing the datum face of a tooth when it is pointing upwards. This definition applies to both external
and internal gears, see Figure 2.

Right flank parameters are indicated by the subscript R and left flank parameters by the subscript L.

1
2
3
L
5
a) Internal tooth b) External tooth
Key
1 topland 4  dedendum flank
2 addendum flank 5  bottom land
3 reference cylinder 6  datum face

Figure 2 — Top land, bottom land and tooth flank (from datum face)

4.2.8.3 Addendum flank

The addendum flank is that part of a tooth flank that is located between the reference cylinder and the top
land, see Figure 2.

4.2.8.4 Dedendum flank

The dedendum flank is that part of a tooth flank that is located between the reference cylinder and the
bottom land, see Figure 2.

4.2.8.5 Usable flank

The usable flank is that part of a tooth flank that can be used to engage with a mating flank. On a cylindrical
gear, it is part of the involute helicoid including any flank modifications.

4.3 Reference surfaces, datum lines and reference quantities

4.3.1 Reference surface and datum face

The reference surface of the teeth is an imaginary cylindrical surface to which the geometrical parameters
relate. In the case of cylindrical gears, the reference surface is termed the reference cylinder, see Figure 2.

The agreed front of the gear (usually used for text or suitably marked) is defined as the datum face, see
Figure 2. Parameters which relate to the datum face are denoted by the subscript I while parameters which
relate to the opposite face are denoted by the subscript II.

4.3.2 Reference rack

The reference rack is the rack that can be produced using the same gear-cutting tool, gear-cutting method
and pitch point (pitch axis) as the actual cylindrical gear. It is characterized by its basic rack tooth profile, the
direction of its teeth in relation to the pitch axis of the generating gear, tip plane, root plane and facewidth,

see Figure 3.
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Key
1 transverse section 5  pitch axis
2 facewidth 6  tip plane
3 normal section 7  root plane
4  Dbasic rack tooth profile
Figure 3 — Concepts and parameters relating to reference rack
pP=MT
Key
1  basicrack profile 3 rootline
2 datum line 4  tipline

Figure 4 — Terms and parameters relating to basic rack tooth profile in normal section

4.3.3 Basicrack tooth profile for involute gear teeth

The basic rack tooth profile is defined in a normal section of the reference rack. The flank lines of the basic
rack tooth profile of involute teeth are straight lines. Tooth thickness, sp, and space width, ep, on the datum
line of the basic rack (P-P) in the normal section are equal, see Figures 4 and 47.

Both flanks are symmetric with the same pressure angle and have a tooth root fillet radius psp with a
maximum value corresponding to a full/complete radius. No peaks are allowed in the root.

The default basic rack tooth profile does not have any flank modifications, i.e. neither undercut near the root
or tip chamfering are considered. Those aspects are considered in Clauses 7 and 8.
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This document is valid for any basic rack tooth profile. Some standardized rack tooth profiles are given in
[SO 53, these should just be considered as examples of profiles that can be used.

4.3.4 Reference cylinder, reference circle and reference diameter

The reference cylinder is the reference surface for the cylindrical gear teeth. Its axis coincides with the axis
of the gear (datum axis). The reference circle is the intersection of the reference cylinder with a transverse
plane section. The reference diameter, d, is determined by Formula (1):

zmy
d=zmg = p— 1

NOTE1 Forinternal gears, since the number of teeth is negative, the reference diameter is also negative.

NOTE 2  The reference diameter is the location where a gear's tooth thickness, pressure angle and helix angle are
defined.

NOTE3  Atthe reference diameter, the normal pressure angle is equal to the basic rack pressure angle (a, = ;).

4.3.5 Gear axis

The axis of a gear (datum axis) is the axis defined by the geometrical axis of the datum surfaces.
4.3.6 Sections through a cylindrical gear

4.3.6.1 Transverse section and transverse profile

The sectioning of cylindrical gear teeth by a plane perpendicular to the gear axis yields a transverse section.
For helical gears, quantities in the transverse section are denoted by the subscript t. The intersection of a
tooth with a transverse plane is termed the transverse profile.

NOTE The terms “transverse plane” and “transverse section” can be used interchangeably.

4.3.6.2 Normal surface, normal plane and normal profile

A normal plane is normal (perpendicular) to a flank line (see 4.3.6.4) at a specified point. The sectioning of
gear teeth by a normal plane yields a normal section. A normal section applies to racks and spur gears, it
generally is not applicable to helical gears.

For a helical gear, for any helix (or flank line) on a given y-cylinder, a normal plane is normal to the helix at
the considered point. This normal plane is not normal to other helices.

A complementary helix is normal to helices at the intersection of right and left flanks of a tooth with a
y-cylinder. The complementary helix has a helix angle of 90°|B, | (equivalent to lead angle y,).

A normal surface is defined by the complementary helices that intersect a radial axis of symmetry of a tooth.
Itis curved three dimensionally.

A normal profile is the intersection of a normal surface with the tooth flanks. For a helical gear, the normal
profile does not lie in a plane.

Subscript “n” is used for parameters relating to the normal profile.

For spur gears and racks, as flank lines are all parallel straight lines, the normal surface as well as the normal
profile are in a plane.

For spur gears the normal surface lies in a transverse plane, so the transverse profile and normal profile of
a spur gear are identical.

NOTE In the past, the normal surface has been referred to as the normal plane; this is not correct for helical gears.
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4.3.6.3 Axial section and axial profile
The sectioning of cylindrical gear teeth by a plane containing the gear axis yields an axial section.

Quantities in the axial section are denoted by the subscript x. The intersection of a tooth with an axial plane
is termed the axial profile.

4.3.6.4 Cylindrical section and flank lines

The flank lines are the intersections of the right and left flanks with a cylinder that has an axis which
coincides with the gear axis. Hence, right and left flank lines are to be distinguished.

The flank lines are helices in the case of helical gear teeth and straight lines in the case of spur gear teeth.

The reference flank line (tooth trace) is the intersection of the flank with the reference cylinder. The base
flank line is the intersection of the unmodified involute flank - possibly imagined as extended - with the base
cylinder. The origin of the involute helicoid is a base flank line. The tip flank line is the line of intersection of
the unmodified involute flank - possibly imagined as extended - with the tip cylinder.

4.3.7 Module

The module of a basic rack is found as the pitch of the rack divided by the number m (see Figure 4). The
normal module, m,, of the cylindrical gear is found as the module of the basic rack tooth profile.

For a helical gear, the transverse module, m, is found as:

d _my
m, =—= 2
"z cosf (2)

and the axial module, m, as

my, my m
m. = = = 3
X sin|B| cosy tan|f] (3)

For a spur gear, m;=m,, .

4.3.8 Diametral pitch

The transverse diametral pitch is the ratio of the number of teeth to the reference diameter in inches. The
diametral pitch has units of inverse inches.

Z L
Pi=—=— 4)
d
Py
NOTE P, is a deviation from the symbol convention where “t” is used to denote the transverse plane.

The normal diametral pitch is the value of diametral pitch on a normal surface of a helical gear or worm.

254 P
Pog =" =—" (5)
m, cosf

4.3.9 Facewidth

The facewidth, b, is the length of the toothed part of the cylindrical gear measured in the axial direction on
the V-cylinder. See 4.6.2.

The usable facewidth, by, is the distance between two transverse sections that contain the fully developed
height of the tooth flank. See Figure 5.
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Key
1  developed view of V-cylinder

Figure 5 — Facewidth b, usable facewidth by

4.3.10 Profile shift, profile shift coefficient and sign of profile shift

The profile shift, xm, , for involute gear teeth is the radial displacement of the basic rack datum line from the
reference cylinder of the gear away from (or towards) the centre of the gear. The magnitude of the profile
shift can be made non-dimensional by dividing by the normal module, and it is then expressed by the profile
shift coefficient, x . Positive profile shift increases the tooth thickness on the reference cylinder on both
external and internal gears. See Figure 6.
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Key

M measurement along an arc 1  external gear

P-P datum line of basic rack 2 internal gear

NOTE For internal gears, since the number of teeth is negative, the diameters used in calculations are negative.

On drawings, the diameters are usually shown as positive numbers.

Figure 6 — Profile shift for external and internal gear teeth

4.4 Involute helicoids

4.4.1 Generator of involute helicoids

Figure 7 shows that the intersection of the theoretical flank (key 3) with the base cylinder (key 6) is a helix
(key 4). If the base cylinder is unwrapped to a plane [base cylinder tangential plane (key 7)] the flank line
becomes a straight line (key 9) inclined by the base helix angle, £}, to an axial line (key 1), and this is the
generator of the involute helicoid.
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2
1

r. _

i /

-

[
Key
1  developed axial line 6  base cylinder
2 involute helicoid surface 7  developed base cylinder envelope
3 involute 8 involute
4  Dbase helix 9  straightline generator
5 base cylinder axial line

Figure 7 — Base cylinder with generator and involute helicoid

4.4.2 Base cylinder, base circle and base diameter

The base cylinder is that cylinder coaxial with the gear axis that is determinative for the generation of the
involute helicoids, see Figures 7 and 8. Quantities associated with the base cylinder are denoted by the
subscript b.

The base circle is the intersection of the base cylinder with a transverse section. The involutes from the base
circle form the transverse profiles of the gearing. The base diameter, d,, is given by Formula (6):

cos o, cosa, zmy,
dy, =dcosq, =zm, coso, =zm =z = (6)
b t t t n n 5
cos B cos By, \/tan o, +cos’ B
NOTE For internal gears, since the number of teeth is negative, the base diameter is also negative.

4.4.3 Transverse pressure angle at a point and transverse pressure angle

In a transverse section, the tangent to the involute through an arbitrary point Y is inclined to the radius to
the involute at that point by the transverse pressure angle, @, (see Figure 8):

d
COS Oty :—b:icosat (7)

y y

The transverse pressure angle, a,, is the acute angle between the tangent to the involute at the point of
intersection with the reference circle and the radius through this point of intersection. It is expressed by

Formula (8):

d, tanor,
cosQ, =—- or tanq, =
d cos 3

(8)
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Figure 8 — Parameters relating to involute

4.4.4 Normal pressure angle at a point and normal pressure angle

At an arbitrary point Y on the flank, the tangent to the normal surface of the involute helicoid is inclined to
the radius through Y by the normal pressure angle at that point, a,, . The corresponding angle of inclination
at the reference cylinder is the normal pressure angle, a,, , this is equal to the pressure angle, a,,, of the basic
rack tooth profile.

tano,, =tano, cosf3 9)
tanay, =tano, cos 8, (10)

For a spur gear, o, =¢, and Olypy = Ol .

4.4.5 Involute function

The angular difference, fy —Oyy, Is termed the involute function of angle Oyt and is denoted by inv oty (to
be read as “involute oy "):

invoy, =&, —or, =tano, —o, (11)

Radians shall be used in Formula (11).
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4.4.6 Lead

The lead, p, , is the distance between successive intersections of an axial line with the involute helicoid, see
Figure 9. The lead is independent of the diameter of the cylinder.

_zmym ZmT

=0 _ =z 12
pZ Sln|ﬁ| tan|ﬁ| pX ( )
NOTE For internal gears, since the number of teeth is negative, the lead is also negative.
2
p
3
A\
| Po
£ | S.

A\
3 \t
db’JT
|

damn
Key
1  normal surface 3 trace of reference helix
2 reference cylinder generator, gear axis 4  projection of the gear axis

Figure 9 — Lead triangle, lead, helix angle and lead angle

4.4.7 Helix angle and lead angle

The helix angle, 8, is the angle between a tangent to a reference helix and an axial line on the reference
cylinder through the tangent contact point. In special cases, the helix angle, By , of right flanks can differ
from the helix angle, | , of left flanks; however, all formulae in this document are based on the left and right
flanks having equal helix angles.

In some calculations, such as for crossed axis gears, the sign of the helix angles is required.

For an external gear with right-hand lead (right-hand helix) the helix angle is positive, for a left-hand lead
(left-hand helix) the helix angle is negative.

For an internal gear the signs are opposite those of an external gear, i.e. an internal gear with a right-hand
lead has a negative helix angle and an internal left-hand lead has a positive helix angle.

Therefore, the sum of the helix angles of a parallel axis gear pair is zero.

NOTE On gear drawings, the absolute values of the helix angles are usually listed together with the direction of
the helix (r for right-hand, 1 for left-hand).
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Relationships between f and the base helix angle, B, (helix angle on the base cylinder):

tan B, =tan 3 cosa, (13)

sin B, =sin 8 coscr, (14)

cosey, sine, sina
== = = L =cosa, \/tan2 o, +cos” B (15)

cos 3, =cos 3 =— =—
cosa, sinoy  sinoy,

On a cylinder with arbitrary diameter, d , the helix angle, B, , can be found:

d coso, d tan
tan B, =—-tan f=tan f———=—"tan §, = Po (16)
d cos,  dy, COSOly;
coso sin
sin 8, =sin 8 L= P (17)
cosa,  cosdy,
tano cosa,, cosf3
cos 3, = AP L b (18)

tan o, cosaly,

The lead angle, y, is the angle between a tangent to a reference helix and a transverse plane through the
tangent contact point, see Figure 9. Lead angle does not apply to internal gears. For external gears:

|B+7|=90° (19)

Py
1By
For spur gears, § = 0° and y = 90°.

¥, =(90°—|B,|) (20)

4.4.8 Hand of helix

The flank lines can follow either a right-hand helix or a left-hand helix. See Figure 10.

p>0 B<0 B<0 p>0

a) Gears with right-hand helix b) Gears with left-hand helix

Figure 10 — Direction of helix
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4.4.9 Roll angle of the involute

In the transverse plane, the angle at the centre over the base circle arc from the origin, U, of the involute to

the contact point, T, of the tangent from point Y to the base circle is the roll angle, §y , of the involute, see

Figure 8. The length of the base circle arc, UT, is equal to the length of the tangent portion, YT, hence
&, =tanay, (21

NOTE §y is in radians.

4.4.10 Radius of curvature of the involute and length of roll

The tangent portion, YT, is the radius of curvature, p,, , of the involute at point Y and at the same time the
length of roll, L, , belonging to point Y, i.e. the length of the developed base circle arc from the involute origin,
U. (See Figure 8.) In the triangle OTY it is the side opposite the transverse pressure angle, a,, at the centre

of the circle O:
2 d2 —d}

db db
L,=p, ==& =Ltana, =—+2—" 22
y py 2 éy 2 yt |Z| 2 ( )

NOTE1 Forinternal gears, since the number of teeth is negative, the length of roll is also negative.

NOTE 2  Thelength of roll is measured in a transverse plane.

4.4.11 Length of involute profile, Lyt

The length of an involute profile from its origin on the base circle to point Y with pressure angle ay (length
along profile from U to Y on Figure 8) is:

tan2 ocyt
Lyt =N T (23)

4.5 Angular pitch and pitches

4.5.1 Angular pitch

The angular pitch, 7, is that angle laying in a transverse section that results from the dividing of the
complete periphery of a circle into z equal parts.

27 2pyt
T=—n=
4 |a,|

in radians (24)

360
T=@=$ in degrees (25)
2 mldy]

4.5.2 Pitches on the reference cylinder

4.5.2.1 Transverse pitch

The transverse pitch, p,, is the length of the reference circle arc between two successive right or left tooth
flanks (see Figure 11):

m d d
tz—nzuTzn_:nmt (26)
cosff 2 z
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4.5.2.2 Normal pitch

The normal pitch, p,, is the length of the helical arc on the reference cylinder that is between and normal to
the flank lines of two successive right or left tooth flanks (see Figure 12):

pn =nmn =pt COSﬂ (27)
¢t
>
et
y hny \
e
X
(\Pb g % % _
— . 2/
,' \ — B — — <
I\ — ~.
e\ PP ~/y
/ ’ /' T L %o ) )
LI\ ‘
s a; 3 N
/ T \ \\ \
F &
\oy' -
Key
M measurement along an arc
Figure 11 — Diameter, angular pitch, and transverse pitches on helical cylindrical gear
Vo
N-1 N
/ 2 / .
K o
Q
90°
P
NOTE This is a developed view of a reference cylinder.

Figure 12 — Geometrical relations between transverse, normal and axial pitch

4.5.3 Pitches on any cylinder

It is necessary to distinguish between the transverse pitch, p,, and the normal pitch, py,,, on a cylinder of
any diameter, d, (y-cylinder):
d

| nd, d

y y
=—T=——=— 28
Pyt 2 z d Pr (28)
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pyn Zpyt cos :By [29)

4.5.4 Axial pitch

The axial pitch, p, , of a helical gear is the portion of a generation line of a cylinder concentric with the gear
axis between two successive right or left tooth flanks, see Figure 12. The axial pitch is independent of the
diameter of the cylinder. Axial pitch does not apply to spur gears. It is expressed by:

X sin|f]| z tan|f| tan|B,| sin|B,]|

4.5.5 Base pitch

4.5.5.1 General

The distance between successive right or left tooth flanks on the developed base cylinder tangential plane is
the base pitch.

— Transverse base pitch:

d nd, d
Pyt :%T=pt COS Ol = Py COSOLy, =7b=7bpt (31)

— Normal base pitch:

Ppn =DPp COSO,, =Py, €OS B (32)

4.5.5.2 Transverse base pitch along a tangent to the base circle

The transverse base pitch, p,,, measured along a line tangent to the base circle in the transverse plane, is the
distance between two successive right or left tooth flanks (see Figure 11):

Pet = Dot (33)
NOTE For a gear pair, the path of contact is on a line that is tangent to both base circles.

4.5.5.3 Normal base pitch on the plane of contact

In a gear pair, the plane of contact is a plane tangent to the two base cylinders. The normal base pitch, p,, ,
measured in the plane of contact is the distance between two parallel tangential planes which contact two
successive right or left tooth flanks:

Pen =Pbn (34)

4.6 Diameters of gear teeth

4.6.1 General

The position of the basic rack tooth profile relative to the reference cylinder gives rise to the following
cylindrical surfaces and diameters with respect to the gear teeth.
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4.6.2 V-cylinder and V-circle diameter

The V-cylinder is the cylinder concentric to the gear axis which is tangent to the datum line of the basic rack
in its generating position (see Figure 6). Its nominal diameter, d, , (V-circle diameter), is calculated using

Formula (35).
d,=d+2xm, (35)

NOTE The V-cylinder is also the pitch surface at generation with a rack tool.

4.6.3 y-cylinder and y-circle diameter

The y-cylinder is a cylinder of arbitrary diameter, d, , concentric to the gear axis that is used for calculation
purposes.

4.6.4 Tip alteration coefficient

Tip alteration is a change to the addendum relating to the standard addendum of one normal module. The
tip alteration is made non-dimensional by dividing by the normal module, and it is then expressed as the tip
alteration coefficient, k.

The value to be used for k is signed.
A negative value yields a shorter addendum for either external or internal gears.

NOTE The value for k is specified by the designer.

4.6.5 Tip cylinder, tip circle and tip diameter

The tip cylinder is the cylinder that defines the tips of the gear tooth system. A transverse section yields the
tip circle. The nominal dimension of the tip diameter, d, , is calculated Formula (36).

d, =d+2(xm, +h,p+km,) (36)

NOTE1 Forastandard addendum of one normal module, h m

ap =hy.
NOTE 2  The value for the tip alteration coefficient, k , is determined by the gear designer. The value of k can be
positive or negative. See 5.3.9.

4.6.6 Profile control diameter, d;

The profile control diameter, also known as start of profile evaluation diameter, is a specified diameter
beyond which the tooth profile is required to conform to the specified design. If not specified, the profile
form diameter, d;, is used as the profile control diameter. Note that dp< d;.

NOTE If the mating gear is known, the designer sometimes selects the minimum start of active profile diameter,
dy¢, as the profile control diameter.

4.6.7 Root cylinder, root circle and root diameter

The root cylinder is the cylindrical envelope surface that forms the bottom of the tooth space. A transverse
section yields the root circle. The nominal dimension of the root diameter, d;, is Formula (37).

d; =d—2(hg —xm,) (37)

For additional information and formulae related to detailed root geometry, see form factor in ISO 6336-3.
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4.7 Gear tooth depth

4.7.1 Tooth depth
The tooth depth, h, of cylindrical gear (or rack) teeth is the difference between the tip and root radius:

h:da _df

=hp +km, +hgp (38)
NOTE The tooth depth is sometimes referred to as the tooth height.

4.7.2 Addendum, working addendum, dedendum and working dedendum

The addendum, h,, and the dedendum, h;, of a cylindrical gear are stated on the basis of the reference circle.

Their values are obtained using Formulae (39) and (40):

_d,-d

h
a 2

=h,p +xm, +km, (39)

d-d

The working addendum, h,,, , and working dedendum, h¢,, , are stated on the basis of the working pitch
circle. Their values are obtained Formulae (40) and (41):

d. —d

h,, =—2 z w (41)
d, —d

hew =WTf 42)

The direction of sliding on the working addendum is opposite of that on the working dedendum.
4.8 Tooth thickness and space width

4.8.1 General

The formulae in 4.8 yield the tooth thickness and space width and their half angles for any value of profile
shift coefficient x . If x is the nominal profile shift coefficient, then nominal sizes for the tooth thickness and
space width and their half angles result. If the generating profile shift coefficient, xi, is used, then generated
sizes for the tooth thickness and space width and their half angles result. See ISO 21771-2 for additional
information on tooth thickness.

For cylindrical gears, unless chordal tooth thickness is explicitly mentioned, tooth thickness is defined on
the surface of a specified cylinder. It is the length between the flanks of a tooth, measured either along a
circular arc in a transverse plane or along a helix normal to the tooth flanks. The only exception to this is
chordal tooth thickness, which is a straight-line measurement between points at a specified diameter on
opposite flanks of a tooth.

4.8.2 Transverse tooth thickness

For spur and helical gears and involute worms, the transverse tooth thickness, s, is the length between the
two flanks of a gear tooth, measured at a specified diameter along a circular arc in the transverse plane. See

Figure 13.
z . . n+4xtano, .
Syt =|dy|l//y :|dy| ‘I/+E(IUV0& —invay, ) |=d, Tﬂnvat —invay, (43)
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NOTE The diameters of internal gears have negative values, so the absolute value function is used in some
formulae.

The transverse tooth thickness, s, , on the reference circle is produced from:

+4xt
st=|d|y/=d[n xanan) m (

>, R E+2xtan0¢n) (44)

cos 2

4.8.3 Transverse tooth thickness half angle

Transverse tooth thickness angles are angles at the centre in a transverse section which are enclosed by the
radii bounding a transverse tooth thickness, see Figure 13. The corresponding transverse tooth thickness
half angles, y,, for any transverse tooth thickness, sy, are expressed by:

S z . .
dl =1//+ﬂ(mvoct —invay, ) (45)
dy| "l

The following transverse tooth thickness half angle applies to the reference circle:

Yy =

T + 4xtano,

= 46
v 21 (46)
In the case of the base circle, the base transverse tooth thickness half angle is produced by:
z
Vv =y +—inva, (47)
b 2]
Key
1 external gear 2 internal gear
) measurement along an arc
NOTE For internal gears, since the number of teeth is negative, the diameters used in calculations are negative.

On drawings, the diameters are usually shown as positive numbers.

Figure 13 — Transverse tooth thickness and space width (external and internal gear teeth)
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4.8.4 Transverse space width

The transverse space width, e, , is the length in a transverse section of a circular arc of diameter, dy ,
between the two involute helicoids of a tooth space (see Figure 13):

€yt :|dy|77y =|dy|{77—é(invoct —invor, )}:dy[

n—4xtano,

P —(inver, —invay, )} =Dyt —Syt (48)

The transverse space width, e, on the reference circle is produced by:

n—4xtanoy, |\ my
2z

e, =ldn =d( E—thanan )=pt —S¢ (49)

cos 2

4.8.5 Transverse space width half angle

Space width angles are angles at the centre in a transverse section which are enclosed by the radii bounding
a tooth space, see Figure 13. The corresponding transverse space width half angles, n, , for any transverse

space width, ey, are produced by
=2 -2 (invey —inve, ) (50)
olay[ K 8

The following transverse space width half angle applies to the reference circle:

—4xtano
_nm-4xtana, 1)
2|7
At the base circle, the base transverse space width half angle is produced by:
z
n, =N-—inve, (52)

||
4.8.6 Normal tooth thickness

For helical gears and involute worms, the normal tooth thickness is the length between the two sides of a
gear tooth that is measured at a specified diameter along a helical arc that is normal to the helix along the

tooth flank. The normal tooth thickness, Syn,ONa cylinder with diameter dy is calculated using Formula (53):

Syn =Syt COS 3y (53)
The following normal tooth thickness applies to the reference cylinder:

Sy =5¢ Cosﬁ:mn[g+2xtan(xn) (54)

4.8.7 Normal space width

The normal space width is the length of a helical arc that is between and is normal to the two involute
helicoids bounding a tooth space. The normal space width, e, , on a cylinder with diameter d, is calculated

using Formula (55):

€yn =€y 0SBy =pyn =Sy (55)

yn’

The following normal space width applies to the reference cylinder:

e, =€, cosB:mn(g—thanan):pn —5Sp (56)
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4.9 Radii of curvature of the tooth flanks in different planes

In general, at a specified point on the tooth flank of an involute cylindrical gear, the radius of curvature in
any plane perpendicular to the surface can be determined. There are three important planes related to the
radius of curvature at a specified point on an involute tooth flank.

— The tangent plane to involute helicoid: a plane tangent to the tooth flank surface at the specified point.
This plane (key 8 in Figure 14) is established by the tangent to the involute in the transverse plane (key
5 in Figure 14) and the straight-line generator (key 3 in Figure 14).

— The base plane: a plane that is tangent to the base cylinder and that contains both the specified point and
the straight-line generator (key 3 in Figure 14).

— The normal plane: a plane containing the specified point that is perpendicular to both the tangent plane
to involute helicoid and the base plane.

\.
5—

Key

1 axialline 5 tangent to involute in transverse plane
2 developed base cylinder envelope 6  involute

3 straightline generator 7  normal plane

4  Dbase plane 8  tangent plane to involute helicoid

Figure 14 — Involute helicoid with generator and tangent to involute

The minimum and maximum radii of curvature are defined as the principal radii of curvature. These are
always in two perpendicular planes that are also perpendicular to the tangent plane to involute helicoid.
For a cylindrical involute gear, the first principal radius of curvature, p,,, is in the normal plane and is the
minimum radius of curvature. The second principal radius of curvature is in the base plane and is infinite
since the generator of the flank surface is a straight line. See Clause 7.

NOTE1 For an involute gear pair with parallel axis, the straight-line generator is equivalent to contact lines
between tooth flanks during meshing.
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Once the radius of curvature in the normal plane is known, the radius of curvature in any inclined plane
can be determined according to the Meusnier theorem. The curvature radius in the transverse plane at an
involute point is the length of roll at this point. The rotation of the transverse plane around the tangent
of the involute by the base helix angle delivers the normal plane and the normal radius of curvature (first
principal radius of curvature).

Radius of curvature in a transverse plane at diameter dy :

Pyt =-0,5 \Jd? —d? (57)

||
Normal radius of curvature at diameter dy :

| 42 2
z dy_db _ Pyt (58)

=E 2cosB,  cosf,

Pyn

NOTE 2 The normal radius of curvature given in Formula (58) is also known as the first principal radius of
curvature. The second principal radius of curvature is in a direction perpendicular to the first principal radius of
curvature and is infinite except when there is face line crowning.

4.10 Tilt angle of contact line

For some considerations, the tilt angle between the tangent at the reference cylinder and the generator of
the involute helicoid is of importance. It also describes the tilt angle between the instantaneous contact line
between the basic rack and the helical gear tooth flank. See Figure 15.

a) On generating rack b) On helical gear tooth flank
Figure 15 — Tilt angle of generatrixes, 6

Ataspecified diameter, d , the tangent to the helix and the generator through that point are both members of
the tangent plane at the point. See Figure 16. The dot product of the two vectors delivers the angle between
the vectors.

Key
1 involute 3 circle with diameter d,,
2 tangent to circle of diameter d,,

Figure 16 — Tangent to the helix at diameter d, and the generator
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The unit vectors of helix, T; , and generator, T, , are:

Ty = (sin(By), 0, cos(py)) (59
Ty = (cos(-ayy) sin(fy,), sin(-ay,) sin(By), cos(f})) (60)
The scalar vector product delivers the tilt angle, §, , between the two vectors.
cos B, _
cosd, = cos By or tand, =sinay, tanf, (61)

The tilt angle of the contact line varies with the diameter at the flank. For the counterpart rack, the tilt angle
is constant and defined at reference diameter d .

osf

C
c0so =
cos 3,

or tand =sina,, tan 3 (62)

5 Parallel axis cylindrical gear pairs

5.1 General

The basic prerequisites for meshing of a parallel axis cylindrical gear pair (or rack and pinion) according to
this document are:

— identical basic rack tooth profiles for gear and mating gear (rack), and

— the same base helix angle (or rack helix angle) with appropriate hands of the helices.

NOTE The concepts and formulae in Clause 5 apply to rack and pinion sets when both the rack and pinion have the
same normal base pitch, even if the rack and pinion have different helix angles. With this combination, the axis of the

pinion will not be perpendicular to the transverse plane of the rack. When the helix angles do not match, there will be
an additional sliding component across the faces of the rack and pinion, this sliding is not covered in this document.

5.2 Concepts for a gear pair

5.2.1 Mating gear and mating flank

The mating gear in a gear pair is the gear which meshes with the other gear in question. The mating flanks
for the tooth system in question are the contacting tooth flanks of the mating gears.

5.2.2 Working flank and non-working flank

The tooth flank which transmits torque during meshing is called the working flank. The other flank of this
tooth is the non-working flank.

5.2.3 External gear pair

The mating of two external cylindrical gears gives an external gear pair. The mating of an external gear with
arack gives a rack and pinion.

In the case of an external gear pair, the subscript 1 is used in formulae for the smaller gear (pinion) and
the subscript 2 for the larger gear (gear wheel). When the gears are of the same size, the subscripts can be
allocated as desired. In the case of a parallel axis external gear pair with helical gear teeth, one gear has a
left-handed and the other gear (mating gear) has a right-handed helix.
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5.2.4 Internal gear pair
The mating of an external cylindrical gear with an internal cylindrical gear gives an internal gear pair.

In the case of an internal gear pair, the subscript 1 is used in formulae for the external gear and the subscript
2 for the internal gear. In the case of an internal gear pair with helical gear teeth, both gears have the same
hand of helix. Both are either right-handed or left-handed.

5.3 Mating quantities

5.3.1 Gear ratio

The gear ratio, u, of a gear pair is the ratio of the number of teeth of the gear wheel (or internal gear), z, , to
the number of teeth of the pinion, z, :

- )

_Z_ Gy _d_dwp =1 (63)
zy dyp dp dyg

NOTE See5.3.5ford,,; and d, .

5.3.2 Driving gear, driven gear and transmission ratio
The driving gear introduces rotation to the gear pair and effects the rotation of the driven gear.

The transmission ratio, i, of a gear pair is the ratio of the angular velocity (rotational speed) of the driving
gear (subscript a) to that of the driven gear (subscript b):
z
j=—2=2-_"b (64)
W, Ny Za

In the case of an external gear pair, the two cylindrical gears rotate in opposite directions, i.e. their angular
velocities or rotational speeds have opposite signs; the transmission ratio is negative. In the case of an
internal gear pair, the two cylindrical gears have the same direction of rotation, i.e. their angular velocities
or rotational speeds have the same sign; the transmission ratio is positive. If it is necessary to make a
distinction, ratios such that |i| > 1 are said to be “speed reducing ratios” while ratios such that |i| < 1 are said
to be “speed increasing ratios”.

5.3.3 Line of centres and centre distance

In a transverse section of two mating gears, the line which connects the two axes is called the line of centres.
The centre distance, a,, , is the working distance between the gear axes of the two gears on the line of
centres, see Figure 17.
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NOTE For internal gears, since the number of teeth is negative, the diameters used in calculations are negative
and the centre distance is negative. On drawings, the diameters are usually shown as positive numbers.

Figure 17 — Line of centres, centre distance

5.3.4 Working transverse pressure angle

The working transverse pressure angle, ., , is that pressure angle whose vertex lies on the working pitch
circle. When the centre distance, a,, , is known, a,, is calculated from:

P cosa 65)
cosa =\Z Z -
we T2 24 cos B

Alternatively, with nominal profile shift coefficients, a,,, results from:

2tana
inver,, =inve, + —(xq +x3) (66)
NOTE The inverse involute function can be used to solve for the working pressure angle, a,,,. One method for

calculating the inverse involute is given in 1SO 21771-2:—1), Annex D.

5.3.5 Working pitch point, pitch cylinders, pitch circles, pitch diameter and pitch axis

The working pitch point C divides the centre distance in the ratio of the tooth numbers. The working pitch
cylinders (working pitch circles) are those cylinders (circles) which pass through the working pitch point.
The working pitch diameter is the diameter of the working pitch circle. The working pitch axis is the axis
through the working pitch point, parallel to the axis of the reference cylinders.

NOTE During operation, the circumferential velocities on the working pitch cylinders are the same.

The pitch circles established during the operation of a cylindrical gear pair (gear pair in a gear unit) are
termed working pitch circles (d,, ). (See Figures 18 and 20.) The pitch circles established by a generating

cutter during the generating of a tooth system in a generating gear pair are termed generating pitch circles.

1) Under preparation. Stage at the time of publication: [SO/DIS 21771-2:2024.
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2 radial part of active flank gear 2 5 direction of rotation of driving pinion

3  line of action
NOTE1 See5.5.6.1 for description of lettered points.

NOTE 2  Figure 18 is for a transverse section of an external gear pair.
Figure 18 — Meshing conditions and active ranges on working flanks, external gear pair

The diameters of the working pitch circles are:

2z4a coso. d
19w t bl
dyy = =d, = (67)
Zy +2, COSO,,  COSC,,
2z,a coso d
_o72%w t b2
dyy = =d, = (68)
z, +2, COSOL,,;  COSCly,
NOTE For an internal gear, d,, is negative and for an internal gear pair, a,, is negative.

This gives a working centre distance:
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(dWZ + dwl ) (69)

N | =

aW=

5.3.6 Working helix angles

For parallel axis gears, the helix angle at the working pitch diameter of the pinion has the same magnitude
but opposite hand from the helix angle at the working pitch diameter of the gear wheel:

ﬁwl = _ﬁWZ (70)

The working helix angle can be determined from the working pitch diameter, base diameter, and base helix angle:

d
tan f,,q = dil -tan By, (71)
b1
d
tanf,, = ﬁz ~tan B, (72)
2

5.3.7 Working depth

The working depth, h,,, of a gear pair is the overlap of the tip circles of the two cylindrical gears on the line

of centres, see Figure 19:

— dal + daZ —a (73)

w 2 w

h

5.3.8 Tip clearance

The tip clearance, c, is the distance by which the tip circle of a gear is separated from the root circle of the
mating gear, see Figure 19.

2
- I [\
~. L
—/: <
-
1
Key
1 pinion 2 gear wheel

Figure 19 — Working depth, h, , and tip clearances c; and c, of a gear pair
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The actual clearance follows from the centre distance, a,,, the manufactured tip diameter, d,, and the
generated root diameter, dg;. For a pinion itis

dal deZ

€ =a, —————— 74
1 w 2 2 ( )

and for a gear wheel

d d

5.3.9 Calculation of tip alteration coefficient k (for parallel axis gear)

It is sometimes necessary for the addendum to be altered to suit the mating conditions and the specified
minimum tip clearance of the mate. This is known as tip alteration, and is also sometimes called addendum
modification, truncation, or tip shortening, and is usually given as a coefficient (i.e. normalized by the
normal module so it is dimensionless). Tip alteration is usually used to shorten the teeth, but it can be used
to enlarge the addendum.

If the tip clearance ¢, (or c,) corresponding to the basic rack tooth profile is to be retained, then for many
gear sets, the necessary tip alteration coefficient k (for both pinion and gear) can be estimated as:

1 d, +d
kz—(aw _gj—(xl +X2)

my 2

a Zq +2y

Sl B (4xy)

m, 2-cosf

_ATr [ cosay —(x1+x5) (76)
2-cos B { cosary, 1772

The tip alteration coefficient, k, calculated in this way is obtained with correct sign, that is to say:
— negative values in the case of external gear pairs, so that the tip diameters become smaller;

— positive values in the case of internal gear pairs, so that the absolute value of the tip diameter of the
internal gear becomes smaller while the diameter of the pinion tip circle becomes larger.

The calculated values are often so small that they are cancelled out by the deeper infeed of the cutting tool
which is necessary for producing the backlash and by the negative root diameter deviations so that the
remaining effective tip clearance of the mate is altered to only a slight extent (or within permissible limits).
See 5.3.8.

In the case of internal gear pairs, the tip alteration coefficient, k, which is always positive in this case can
usually not be realized because the special engagement and manufacturing conditions of internal gear pairs
can limit the usable addendum of the internal gear and pinion if tip-to-tip interference is to be avoided. See
5.5.8.3.
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5.4 Calculation of the sum of the profile shift coefficients

The sum of the profile shift coefficients which corresponds to the zero-backlash condition is related to the
basic tooth parameters and centre distance by Formula (77), with a,, from Formula (65):

Z; +2z, )(inve,,, —invo
2X=X1+X2=( 1 2)( wt t) (77)
2tanor,

In the case of non-zero backlash, the normal backlash, j, , (see 5.6.4), is included in the calculation:

_(Zl+Z2)(invawt_invat) jbn

X =Xpq +Xpy = - 78
z BOOEL TR 2tana, 2m, sin(or, ) (78)

The way in which Zx =Xxq +X, isdistributed between the two gears can be decided on the basis of aspects

such as permissible stress, sliding velocities or other specified dimensions of the gear teeth such as root
diameter.

5.5 Tooth engagement

5.5.1 General

Tooth engagement refers to the meshing of a gear (or a rack) with its mating gear. The tooth engagement is
influenced by the geometry of the gear pair (or rack and pinion), the mutual contact of the tooth flanks and
the sliding conditions, see Figures 18 and 20.

5.5.2 Active area of the tooth flanks, start of active profile and active tip diameters

5.5.2.1 General

The start of involute diameter (root form diameter), dg; , is the start of the involute portion of the profile.
For an external gear it is the greater of the base diameter, d, , or the diameter of the intersection of the flank
with the tooth root fillet or trochoid (taking into account undercut, if necessary, see Clause 10).

In a defined gear pair, the active tip diameter, dy, , of a gear can be governed either by its tip form diameter,
dg, , or by the start of involute of its mate, dg;. The start of active profile (active root) diameter, dy, can be

governed either by the diameter of start of involute dp;, or by the tip form diameter of its mate, dg, . During

rotation, the active tip diameter of a gear will contact the active root diameter of the mating gear. The active
area of the flank extends from the active tip diameter, dy,, to the active root diameter, dy;, and so is

dependent on the characteristics of both gears and the centre distance.

Usually, contact in the dedendum on both gears is limited by the tip form diameter of the mating gear.
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1  tangent to working pitch circles 2 direction of rotation of driving pinion

NOTE1 See5.5.6.1 for a description of points A, B, C, D and E.

NOTE 2  For internal gears, since the number of teeth is negative, the diameters used in calculations are negative.
On drawings the diameters are usually shown as positive numbers.

NOTE 3  Figure 20 is for a transverse section of an internal gear pair.

Figure 20 — Meshing conditions and active ranges on working flanks, internal gear pair

5.5.2.2 Pinion start of active profile and active tip diameters

When contact in the pinion dedendum is limited by the tip form diameter of the gear wheel:

2
dyp = \/(2|3w |sin,, —\df,, —d, ) +dp (79)

dyaz =dpaz - (80)

However, if dgy is greater than the quantity calculated for dyy , then:

dne =dppy (81)
2
z .
dnaz =ﬁ\/(2aw siny,, —\dfy —diy ) +dp, (82)
2
See 9.7,10.3 or 11.3 for dp;.
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It is important to verify if the gear teeth need to be truncated to avoid gear mesh interference with the tooth
root fillet of the pinion.

With o from:

d
COSOyf =—bl (83)

Nf1

The corresponding roll angles (see 4.4.9) are:

it =2 (G ~baz) o (84)
1
ENaz = tan[arccosdi] (85)
dNaZ

5.5.2.3 Gear wheel start of active profile and active tip diameters
When contact in the gear wheel dedendum is limited by the tip form diameter of the pinion:
2
dyy :|Z_2|\/(23w sin oty —/dgy _d1§1) +di, (86)
)

dNal :dFal (87)

However, if dy, is greater than the quantity calculated for dyg, , then:

dyiz =dggz (88)

2
dya1 =\/(2|aw|5inawt _\/dgfz _dt2>2 ) +dt2)1 (89)

It is important to verify if the pinion teeth need to be truncated to avoid gear mesh interference with the
tooth root fillet of the gear wheel.

With oy, from:

d
COS ) = dﬁ (90)
Nf2

The corresponding roll angles (see 4.4.9) are:

Zq

ngZ :_(gwt _5Na1)+5wt (91)
Zy
¢ =tan| arccos dL (92)
Nal dNal

5.5.3 Plane of action, zone of action and contact line

The plane of action of a cylindrical gear pair is tangent to the base cylinders of the gear and mating gear. In the
case of an external gear pair, the plane of action passes between the base cylinders. The intersection of the
two planes of action (one for each tooth flank) is parallel to the gear axis, and is the working pitch axis (see
5.3.5). The zones of action are the parts of the planes of action which are limited by the active tip diameters
dya1 » dngp Of the gear and mating gear and by the facewidth. A zone of action is linked to the flank that is
normal to it. Hence, one of the planes of action is linked to the right flanks and the other to the left flanks.
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At any instant in time, the intersection of the zone of action with a pair of corresponding tooth flanks of a
gear pair is known as the contact line. With the rotation of the gears around their axes, the contact lines move
through the zone of action (see Figure 25). On tooth flanks, the contact lines are identical to the generators
of flank and mating flank, see 4.4.1.

5.5.4 Line of action, path of contact and point of contact

Lines of action are where the planes of action intersect transverse sections. The left flank line of action is
defined by the left flank of the driving gear. A line of action is inclined to the common tangent to the working
pitch circles at the working pitch point (working pitch circle tangent) by the working transverse pressure
angle, o, (see Figures 18 and 20), and it contacts the two base circles at the points T; and T, .

A path of contact is that part of the line of action which is within the zone of action. The starting point, A, of
the path of contact is at or near the root circle of the pinion. The finishing point, E, of the path of contact is at
or near the tip circle of the pinion.

NOTE In Figures 18 and 20, only the line of action of the working flanks is shown in each case.
Both the left and right lines of action intersect the centre line at working pitch point C (see Figures 18 and 20).

A point of contact is a point where a path of contact intersects the corresponding tooth flanks in a specific
working position of the two gears. It is a point on the contact line.

5.5.5 Form over dimension

The form over dimension, cg, is the radial distance between the active root diameter and root form

diameter.
1
Ck ZE(de —dgg) (93)

5.5.6 Designations and values relating to the line of action

5.5.6.1 Special points on the line of action

Special points on the line of action (see Figures 18 and 20) are as follows:
T, isthe point of contact between the line of action and the base circle of pinion (dy,; );
T, is the point of contact between the line of action and the base circle of gear wheel (dy,, );

C  isthe working pitch point, the intersection of the line of action with the line of centres.

In Figures 18 and 20, €, is less than 2. Special points on the path of contact are the following:

A is the point at which the line of action intersects the active tip diameter, dy,, , of the gear wheel
(limit point of meshing near pinion root);

B  isthelowest point of single tooth contact (LPSTC) on the pinion, highest point of single tooth contact

(HPSTC) on the gear wheel; where £, <2, it is the point within the path of contact which is one
transverse base pitch away from point E;

D  isthehighest point of single tooth contact (HPSTC) on the pinion, lowest point of single tooth contact
(LPSTC) on the gear wheel; where £, <2, it is the point within the path of contact which is one

transverse base pitch away from point A;

E  is the point at which the line of action intersects the active tip diameter, dy, , of the pinion (limit
point of meshing near the pinion tip).
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NOTE Points A through E go from pinion root to pinion tip, regardless of whether pinion or wheel drives.

5.5.6.2 Length of the path of contact

The length, g, of the path of contact (length between points A and E on the path of contact) of two mating
cylindrical gears is:

1 Zy, | .
:E|: d I%Ial_dtz)l +ﬁ dI%laZ _dtz)Z _Zaw Sllllocwti| (94)
2

NOTE The symbol AE indicates the distance between points A and E.

The length of the path of contact when a cylindrical gear (subscript 1) is mated with a rack is:

h _
9o =l(\/d1%1a1 —df; —dy, tana, )+3P—X1mn (95)

2 sina,

The path of contact is divided by working pitch point C into the addendum path of contact and the dedendum
path of contact. The addendum path of contact is the portion of the path of contact between the active tip
diameter, dy, , and the working pitch point. The dedendum path of contact goes from the working pitch point
towards the root to the start of active profile diameter, dy;, see Figures 18 and 20.

The addendum path of contact, g, , of the pinion is equal to the dedendum path of contact, g;, of the gear wheel:
— 1
Ja1 =CE:E(\/d1%1a1 —diyy —dy, tanawt)zgfz (96)

Similarly, the addendum path of contact of the gear wheel, g,,, is equal to the dedendum path of contact of
pinion, gy :
— 1( z; |
Ga2 = C:E [ﬁ dI%IaZ _dgz —dp; tana, ): In (97)
2

The two portions of the path of contact are also known as the approach path of contact and the recess path
of contact. The approach path of contact corresponds to the addendum path of contact of the driven gear.
So, when the pinion is driving and the gear wheel is the driven gear, the approach path of contact is the
addendum path of contact of the gear wheel, and the recess path of contact is the dedendum path of contact
of the gear wheel.

For the case where the gear wheel is the driver, the approach path of contact is the addendum path of contact
of the pinion and the recess path of contact is the dedendum path of contact of the pinion.

5.5.7 Radii of curvature of the tooth flanks in a transverse plane

The following segments of the lines of action give rise to the radii of curvature of the tooth flanks in the
transverse plane (see Figures 18 and 20):

— 1 1
T,C=pc; :E\/dgn —df :Edbl tano,, (98)

—_— 1 z, 2 2 1
T,C=pc; =5 Z_\/dwz —dy; =5 dy, tan o, (99)

2]

— 1 z
T,A=pp; =5 Z_z\jdl%laz —dp, (100)

|2,
— 1 ]
T,E=pg, :E dl%lal _d§1 (101)
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